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SEQUENTIAL CONTINUITY 

By Korbert Brunner 

In this paper we improve a result of M. Jaegcrmann [11. AC
w is the countable 

axiom of choice. 

THEOREM. AC'" is equivalent 10 SC. 

SC: Each seq uentially conti nuous real val ued f‘ unct lOn on a metnc space IS 

contlnuous. 

PROOF. That ACw implies SC is slandard. 

For the proJ[ of the converse, be ( A')"E"" w= [0. 1. •• ). A，，~Ø. a counterexample 

to AC’ C1l 7얘 is the set of all [inite sequenccs (a')'En' such that a，EAν 

c”ncm=￠ I‘ Or II음m. lf a function C on S득tu satisfics c(k )EC k for kES. S is 

fi ni le. for otherwise 이상=c(n(k))‘’ n(k)= minlηES : kE씨 ， defines a chcice 

function on CAn)n든ι· ltte set A= U lCt‘ : nEIO ). X = AU la) for aQ": A and construc[ 

a metric d on X through d(x, x)=O, d(x, y )= 1 fOI 껑 in A and d(x , y) =냥t 

for .，εCII ， f is the characteristic fu nClion of A : Si nce aE A • f is not continuOU3. 

f is 잊quentially continuOU5 ‘ Be (x) a seQ uence in A. \Ve set a(., ) =τ끈τ d(x , 0 

50 xECa(,), S is the set of all a(x) such that a(xn,) <o(x) for lJl <". and 

Y ,I= Xm for ll =a(xm)ES: Since Y'IεCn for all nE S. S is f ini te an d cach x" is in 

UIC，， : n드maxSJ . Thu3 limxu=a is imposs iblc, proving the clairì1 . 
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